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This is the first work that Frege wrote 
in the field of logic, and, although a mere 
booklet of eighty-eight pages, it is per
haps the most important single work ever 
written in logic. I ts fundamental contri
butions, among lesser points, are the 
truth-functional propositional calculus, 
the analysis of the proposition into func
tion and argument(s) instead of subject 
and predicate, the theory of quanti
fication, a system of logic in which 
derivations are carried out exclusively 
according to the form of the expressions, 
and a logical definition of the notion of 
mathematical sequence. Any single one 
of these achievements would suffice to 
secure the book a permanent place in the 
logician's library. 

Frege was a mathematician by train
ing ;a the point of departure of his 
investigations in logic was a mathemati
cal question, and mathematics left its 
mark upon his logical accomplishments. 
In studying the concept of number, 
Frege was confronted with difficulties 
when he a t tempted to give a logical 
analysis of the notion of sequence. The 
imprecision and ambiguity of ordinary 
language led him to look for a more appro
priate tool ; he devised a new mode of 
expression, a language tha t deals with 
the "conceptual content" and that he 
came to call "Begriffsschrift".b This 
ideography is a "formula language", 
tha t is, a lingua characterica, a language 

written with special symbols, "for pure 
thought" , tha t is, free from rhetorical 
embellishments, "modeled upon t h a t of 
ari thmetic", tha t is, constructed from 
specific symbols that are manipulated 
according to definite rules. The last 
phrase does not mean tha t logic mimics 
arithmetic, and the analogies, uncovered 
by Boole and others, between logic and 
arithmetic are useless for Frege, precisely 
because he wants to employ logic in 

a See his Inaugural-Dissertation (1873) and 
his thesis for venia docendi (1874). 

b In the translation below this term is ren
dered by "ideography", a word used by 
Jourdain in a paper (1912) read and annotated 
by Frege; that Frege acquiesced in its use was 
the reason why ultimately it was adopted here. 
Another acceptable rendition is "concept writ
ing", used by Austin (Frege 1950, p. 92e). 

Professor Giinther Patzig was so kind as to 
report in a private communication that a 
student of his, Miss Carmen Diaz, found an 
occurrence of the word " Begriffsschrift" in 
Trendelenburg (1867, p. 4, line 1), a work that 
Frege quotes in his preface to Begriffsschrift 
(see below, p. 6). Frege used the word in 
other writings, and in particular in his major 
work (1893, 1903), but subsequently he seems 
to have become dissatisfied with it. In an 
unpublished fragment dated 26 July 1919 he 
writes: " I do not start from concepts in order to 
build up thoughts or propositions out of them; 
rather, I obtain the components of a thought 
by decomposition [TZerfallung]] of the thought. 
In this respect my Begriffsschrift differs from 
the similar creations of Leibniz and his suc
cessors—in spite of its name, which perhaps I 
did not choose very aptly". 
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order to provide a foundation for arith
metic. He carefully keeps the logical 
symbols distinct from the arithmetic 
ones. Schroder (1880) criticized him for 
doing just that and thus wrecking a 
tradition established in the previous 
thirty years. Frege (1882, pp. 1-2) 
answered that his purpose had been quite 
different from that of Boole: "My inten
tion was not to represent an abstract 
logic in formulas, but to express a content 
through written signs in a more precise 
and clear way than it is possible to do 
through words. In fact, what I wanted to 
create was not a mere calculus ratio-
cinator but a lingua characterica in 
Leibniz's sense". 

Mathematics led Frege to an innova
tion that was to have a profound in
fluence upon modern logic. He observes 
that we would do violence to mathemati
cal statements if we were to impose upon 
them the distinction between subject and 
predicate. After a. short but pertinent 
critique of that distinction, he replaces 
it by another, borrowed from mathe
matics but adapted to the needs of logic, 
that of function and argument. Frege 
begins his analysis by considering an 
ordinary sentence and remarks that the 
expression remains meaningful when 
certain words are replaced by others. A 
word for which we can make such succes
sive substitutions occupies an argument 
place, and the stable component of the 
sentence is the function. This, of course, 
is not a definition, because in his system 
Frege deals not with ordinary sentences 
but with formulas; it is merely an ex
planation, after which he introduces 
functional letters and gives instructions 
for handling them and their arguments. 
Nowhere in the present text does Frege 
state what a function is or speak of the 
value of a function. He simply says that a 
judgment is obtained when the argument 
places between the parentheses attached 
to a functional letter have been properly 
filled (and, should the case so require, 
quantifiers have been properly used). 

It is only in his subsequent writings (1891 
and thereafter) that Frege will devote a 
great deal of attention to the nature of a 
function. 

Frege's booklet presents the proposi-
tional calculus in a version that uses the 
conditional and negation as primitive 
connectives. Other connectives are exa
mined for a moment, and their inter-
translatability with the conditional and 
negation is shown. Mostly to preserve 
the simple formulation of the rule of 
detachment, Frege decides to use these 
last two. The notation that he introduces 
for the conditional has often been criti
cized, and it has not survived. It presents 
difficulties in printing and takes up a 
large amount of space. But, as Frege 
himself (1896, p. 364) says, "the comfort 
of the typesetter is certainly not the 
summum bonum", and the notation 
undoubtedly allows one to perceive the 
structure of a formula at a glance and to 
perform substitutions with ease. Frege's 
definition of the conditional is purely 
truth-functional, and it leads him to the 
rule of detachment, stated in § 6. He 
notes the discrepancy between this truth-
functional definition and ordinary uses of 
the word "if". Frege dismisses modal 
considerations from his logic with the 
remark that they concern the grounds for 
accepting a judgment, not the content of 
the judgment itself. Frege's use of the 
words "affirmed" and "denied", with 
his listing of all possible cases in the 
assignment of these terms to proposi
tions, in fact amounts to the use of the 
truth-table method. His axioms for the 
propositional calculus (they are not 
independent) are formulas (1), (2), (8), 
(28), (31), and (41). His rules of inference 
are the rule of detachment and an un
stated rule of substitution. A number of 
theorems of the propositional calculus 
are proved, but no question of complete
ness, consistency, or independence is 
raised. 

Quantification theory is introduced in 
§ 11. Frege's instructions how to use 


